Abstract. Suppose that H is a normal subgroup of a finite group G, <p 6 lrr{H), and Irr(#>G) is the set of all irreducible constituents of the induced character ipG . If |Irr(pG)| > \G : H\/4 then G/H is solvable.
If t is a character of a group, then by Irr(r) we denote the set of all irreducible constituents of t. Set s(t) = | Iit(t)| and w(x) = J2(r > X) > where X runs over the set Irr(C7) of all irreducible characters of G. Obviously s(r) < w(x).
In this note we prove the following Theorem. Suppose that H is a proper normal subgroup of a finite group G, p is the smallest prime dividing \G : H\, and tp is an irreducible character of H. We consider only finite groups. A group G is said to be p-nilpotent ( p is always a prime) if it has a normal p-complement. A group G is said to be dispersive if its arbitrary subgroup A is p-nilpotent for the smallest prime p dividing \A\.
We fix the following notation. Let Irr(G) = {xx, ... , Xk} > where k = k(G) is the class number of G. The number mc(G) = k(G)/\G\ is called the measure of commutativity of G. Obviously 0 < mc(G) < 1 and mc(G) = 1 iff G is abelian. Denote by T(G) the sum of degrees of all irreducible characters of G and set f(G) = r(C7)/|C7|. Note that G is abelian iff f(G) = 1.
Lemma 1 [7] . Let H be a subgroup of a group G. Then : 
which is due to Gallagher. For the other proof of Lemma 1 (d) see [7] .
Lemma 2. Suppose that G = RG' is a Frobenius group with the kernel G' and a complementary factor R, \R\ = q is a prime, G', the commutator subgroup of G, is an elementary abelian group of order pb, and p is a prime. If b = 2 then p = 2, q = 3, and G êé A4 .Let b>2. Then
a contradiction. D Lemma 3. Suppose that p is the smallest prime divisor of the order of a group G.
Proof, (a) Suppose that G is a counterexample of minimal order. Then (Lemma 1(a), (c)) G is a minimal nonabelian group. By the Miller-Moreno Theorem [6] one of the following assertions holds:
If (ii) holds one obtains mc(G) < mc(G/Z(G)), and a contradiction follows from Lemma 2(a).
(b) At first we prove that G is solvable. Suppose that G is a counterexample of minimal order. Then all proper subgroups and epimorphic images of G are solvable, but G is nonsolvable (Lemma 1(a), (c) ). So G is a nonabelian simple (c) is proved in [7] . G Proof of the Theorem, (a) At first suppose that H = 1. Without loss of generality we may assume that tp = lH. Then tpG = pG, the regular character of G, lrr(tpG) = Irr(G) = {/',..., xk} > where k = k(G), the class number of G. In our case s(tpG) = k(G). Therefore by the condition k(G) > \G\/p2 , mc(G) > l/p2, and G is solvable (Lemma 3(b) ).
Suppose that H > 1. Let If t = p then IG(tp)/H is normal in G/H, and G/IG(tp) is cyclic of order p . Therefore G/H is solvable in this case.
Suppose that t > p . Then mc(IG(tp)/H)>(p+l)/p2
and IG(tp)/H is abelian by Lemma 3(a), so that G/H is solvable by Herstein's Theorem [3] . 
